9 Cdc dang bai tdp 56 phirc

Bai 1.

Bai 2.

Bai 3.

DANG 1. CAC PHEP TOAN TREN SO PHUC

A . 2 2 A . ]' A . . A . A .
Tim so phiic 2z, nghich dao ctia s6 phitic —, s6 phtic lién hgp Z, so phic doi —z.
z

. 1 3 1
1. Cho s6 phiic z = —3 + gz Tinh —;Z; 2%; (2)3; 1+ 2+ 22
z

V2 i)’
1420
3. Tim s6 phiic z sao cho 2.2+ 3(z —2) = 1 — 4.

2. Tim s6 phtc z, biét 7 =

2] =1
4. Tim z, biét < | il

Tim phan thie, phan 4o clia sd phiec.

1. X4c dinh phan 4o ctia sb phtc z, biét z~! = 1 — /2i.

2. Xac dinh phan thuc va phan &o cta s6 phic z = (2 —2i) (3 +2i) (5 — 4i) —
(2 +3i)°.

3. Cho hai s6 phtic 2 = 1 + 2i v& 2 = 2 — 3i. Xac dinh phan thiyc va phan 4o
clia s6 phitc z; — 229 VA 21 29.

3

R e 14++30

4. Tim phan thyc va phan ao cta so phtc z = 7 f ) .
i

9 .

o 1a so thuec.

Z 2 P z k
5. Tim s0 thyc k, dé binh phuong ctia s6 phic z = 1
— 1

Tinh moédun cla sd phiec.

. 1= 2—-3i)Z
1. Tim modun ctia so phtc z, biéet b ( | |2®) : +2—1.
z A

1+2i—(1—1)°

2. Cho cac sb phitc 21 = 4 — 3i + (1 —1)°, 2y = . Tinh modun cta

) 1472
sO phtic z = 21.7%5.
. ~ o % . P 1—5¢ 3
3. Tinh modun ctia s6 phic z, biét z = T +(2—1)".
i
. I 6 |
4. Cho s6 phtic z théa man 2> — 6z 4+ 13 = 0. Tinh |z + it
)
B o
5. Cho s0 phiic z théa man 7z = ————. Tim modun cua so6 phic Z + iz.

1—1
6. Tim modun ctia s6 phiic z, biét 23 + 12i = Z va 2z ¢6 phan thuyc duong.
7. Tinh modun ctia s6 phtic z, biét (22 — 1)(1+4) + (z+ 1)(1 — i) =2 — 2i.
e =y 2xyi 2?4 y? 40 2xy

va z = , :
TyV2 + i/t + o (x —y) + 2i/zy

8. Tim modun cia sb6 phic z =



Bai 4. Tinh gi4 tri ciia biéu thic P = (1+v/3i)" + (1 — v/3i)".

T —m 1

Bai 5. Xét s6 phiic z = —.meR. Timm dé 2.7 = .
1 —m(m — 2i) 2

Bai 6*. Cho z;, 23 € C, sao cho |21 + 23| = V/3; |z1] = |z2| = 1. Tinh |z; — 23|

Bai 7*. Cho z, 7 la hai s6 phic lien hop théa — la sb thyc va |z — 2| = 24/3. Tinh |z].
V4

4 4
Bai 8**. Cho s6 phtic 21, 25 thda man |z; — 25| = |21 = |22 > 0. Tinh A = (ﬂ) + (ﬁ> :

29 21

DANG 2. TINH i VA AP DUNG

Z‘4n+1 — Z, Z‘4n+2 = —1:

’

Néu n nguyén duong thi : i*" = 1; jints — g,

Z . . —-n 1 o N\ —N
Néu n nguyén am thy : " = i) (—) =(—i) "
]
Bai 1. Tinh cac gia tri biéu thic.
1. Tinh S =" + "1 "2 4 "3 (n € N),
2. Tinh S = 1% 4 423 4420 — ¢34,

i% 4t 4 .. 42008
i+ 02+ 03 L 20097
O 4 i+ 10+ 200

34 + 45 + §5... + 42010

3. Tinh gia tri biéu thic P =

4. Tinh gia tri bidu thiic Q =

Bai 2. Cho z = a + bi. Tinh 22°'2 va 2213 biét

1. Phan thyc bang phan 4o (Rez = Imz).
2. Phan thyc va phan 4o d6i nhau (Rez = —Imz).

Bai 3. Tinh toan réi tim phan thyc, phan 4o ciia s6 phiic.

1. Tim phan thuc, phan 4o ctia s6 phiic z = 1 4+ 7 + % + ... + 2910,

2. Tim phan thic va phan 4o ctia s6 phitc 1+ (14+4) + (1+4)> + (1 +4)> + ... +
(1+1)%.

3. Tim phan thuc ctia s6 phic 2 = (1+4)",n € N. Trong d6 n thoa méan
log, (n — 3) +logs (n + 6) = 4.

4. Tim phan thyc vad phan 4o ctia sd phtic z théoa man (z +2—3i) (1 —1i) =

(1+4)" ",
Bai 4. Cho s6 phtic z théa man iz = <i —l— z:)ll . (1%5 .)8 it o e <6 i
Z 4z ' Z
Bai 5. Goi 21, 25 1a cac nghiém phiic clia phuong trinh 22 —42+5 = 0. Tinh (z; — 1)2012—1—

(ZQ i 1)2012'

Bai 6. Cho s6 phtic z théa mén 1+ v/3i) z = 4i. Tinh 2212,

2



Bai 7. Tim s6 n nguyén néu :
L 1+4)"=(1-9)"
1+4\" 1—a\"
2. l— | +{—%=) =0.
(7)) (%)
141
1

2013
Bai 8. Cho z = ( ) . Chiing minh réng 2F + 281 4 2842 4 263 — 0 k € N.

~

DANG 3. TIM CAC SO THUC z,y THOA MAN DANG THUC

Bai 1. Tim cac s6 thyc =,y théa man = (3 + 5i) + y(1 — 2i)° = 9 4 144.

x(3 — 27)

e 2 1—2i) =11 + 4i.
>3 ty(l—2) T

Bai 2. Tim céc s6 thuyc z,y théa man

Bai 3. Tim cac s6 thuc z,y théa man (32 —2)+ 2y +1)i=(z+1) — (y — 5) 4.
Bai 4. Tim céc s6 thyc 2,y théa man ding thic (1 — 22) —iv/3 = V5 + (1 — 3y) i.

Bai 5. Tim céc s6 thuc z,y théamén (2z +y) + 2y —x)i = (x — 2y + 3) + (y + 2z + 1) 4.
DANG 4. TIM SO PHUC » THOA MAN DIEU KIEN CHO TRUGC

Bai 1. Tim s6 phtic z théa méan hai diéu kién cho trude.

1. Tim s6 phtc z théa man 2> = z.

2. Tim s6 phiic z théa man dong thoi |z — (2 4 i)| = V10 va 2.z = 25.

. f X lz—1l Iz —3il
3. Tim s0 phiic 2 théa man dong thai | Lva
z

a—il T
4. Tim s6 phitc z théa man |z|° + 222+ [Z]° =8 va 2+ 2 = 2.
5. Tim s6 phiic z théa man |z — 1] =5 va 17 (2 + %) — 52.2 = 0.
6. Tim s6 phiic z théa man dong thai |z| = 1 va 122 + (2)° = 1.

4 Iz =zl
7. Tim s6 phiic z sao cho |z| =1 va = + 1= 1.

8. Tim s6 phtic 2 théa man |z — 2 + 4| = 2. Biét phan 4o nh6 hon phan thyc 3
don vi.

Bai 2. Tim s6 phtic z théa man mot diéu kién cho truée va dong thoi né 1a s6 thye (hodc
s6 thuan 40).

1. Tim s6 phitc z théa man |z| = v/2 va 22 1a 6 4o.

-2

N A - 2 ~ . N z N A X 2
2. Tim s6 phiic z théa mén |z| = |z — 2 — 2i| va la 86 thuan &o.
Z R

. — 2 .
3. Tim s0 phiic z théa man |z + 1 — 2i| = |2 + 3 + 44| va Sy Y mot so ao.

71 .
s 1Z 1a so thuec.

4. Tim s6 phitc z thda man |z| =5 va



DANG 5. TIM TAP HGP SO PHUC > TRONG MAT PHANG PHUC Ozy

Bai 1.

Bai 2.

Bai 3.

Bai 4.

S6 phiic z chay trén dudng thang.

1. Tim tat ca cac s6 phiic z sao cho (z — 2) (Z + 4) 1a s6 thue.
2. Xac dinh tap hop céc diém trong mit phéng phic biéu dién sb phic z thoa
diéu kien |z| = |z — 3 + 44].

.
Tl

3. Tim tét ca cac diém ctia mit phang phic biéu dién sb phiic z sao cho

Z+1
mot so6 thuc.

4. Xac dinh tap hop cac diém trong mat phing phiic biéu dién cac sb phiic z thoa

Lz +q !
man dieu kién | | =1

z— 3

S6 phtic z chay trén dudng tron.

1. Trong mit phang toa do Oxy, tim tap hop diém biéu dién cac s6 phiic z thoa
man dieu kien |z — (3 — 41)| = 2.

2. Trong mat phang toa do Oxy, tim tap hgp diém bicu dién cac sb phiic z thoa
man diéu kien |z —i| = |(1 + 1) 2].

3. Tim tap hop cac diém trén mat phang toa do phiic biéu dién cho s6 phic z
théa man (2 — 2) (z +14) la s6 thuan 4o.

. ) 111
4. Tim tat ca cdc so phiic z sao cho |z| = |-
2
.2 .2 .~ Z I 1|
5. Tim céc diem bieu dién so phitc z sao cho |z + — =2 (¥).
z

Tim tap hop s6 phiic 2’ thong qua diéu kién cho trude clia sé phic 2.

1. Tim tap hop céc diém biéu dién trong mat phéng phtic Ozy ctia s6 phiic
2 = (1 +1iv/3)z + 2 biét réing s6 phiic z théa man |z — 1| = 2.

2. Tim tap hgp céac diém biéu dién trong mit phéng phic Ozy ctia sd phic
2 = (1+44v/3)z + 2 biét ring s6 phitc z théa man |z — 1] < 2.

3. Tim tap hop céc diém biéu dién trong mit phang phic Ozy ciia s6 phic

2 v
2 = (14 20)z + V3 véi :z+\/§: :%.

4. Trong mit phang phitc Ozy x4c dinh tap hdp cac diém bicu dién céc s6 phiic
2 = (1+41i)z + 1 biét rang |z — 1| < 1.

S6 phiic z chay trén Elip. Xac dinh tap hop cac diém trong mat phang phiic biéu

dién s6 phiic z thdéa man dieu kien.

L |z=2|+|z+2|=5.
2. |24+ +2]z—i| =4
3. |z —i+ 1]+ |z+i—-1]=09.



DANG 6. TIM SO PHUC > CO MODUN NHO NHAT, LON NHAT

Bai 1. S6 phiic z chay trén duong thing, tim s6 phitc c6 modun nhé nhat.

1.

Trong tat ci cac s6 phitc z thdéa méan |z — i| = |Z — 2 — 3i|, hay tim s phiic 2
¢6 modun nho nhat.

. Trong tat ca cac 6 phiic z théa méan |iz — 3| = |z — 2 — 4|, hay tim s6 phiic ¢6

|z] nhd nhat.

3. Tim s6 phic z théa man (z — 1) (Z + 2i) 1a s6 thuc va |z| nho nhét.

4. Trong tat ca cac s6 phic z thdéa man |z —i| = |z + 1], hay tim s6 phitc ¢6

|z — (3 — 2¢)| nh6 nhat.

Bai 2*. S6 phiic z chay trén dudng tron, tim s6 phtic ¢c6 modun nhé nhat, 16n nhat.

1.

Bai 3*. Xét s6 phiic 2z =

. Trong tat ca cac s6 phiic z thdéa man |

. Trong tat ci cac s6 phtic z théa man log, (

Trong tat ca cac s6 phiic z théa man |z — 2 + 2i| = 2v/2, hay tim s6 phtic ¢6
|z] nhé nhét ; 16n nhat.

I(1+4 .
ﬂ + 2| = 1, hay tim so phiic z ¢6

—i
modun nhé nhat ; 16n nhat.

. Trong tat ci cac s6 phitc z thda man |z — 2+ 2i| = 1, hay tim sd phiic ¢6

modun nhé nhat ; 16n nhat.

. Trong tat ci cac s6 phitc z thda man |z — 2 — 4i| = /5, hay tim s6 phiic c6

modun nhé nhat ; 16n nhat.

. Trong mat phang phiic, goi M 1a diém biéu dién s6 phiic z théaman |z — 2 — 3i| =

V5, va diém A(4; —1). Hay tim s6 phitc 2z sao cho M A nhé nhét ; 16n nhét.

|z —344i| +1 R
— 1, hiy ¢
20z —3+4i[+8) U

s6 phitc ¢6 modun nhé nhat ; 16n nhat.

. Cho s6 phiic z théa man diéu kién |z + 4| = [z — 2 + 4| va 2z < 5. Tim modun

nho6 nhat ; 16n nhat cia |z — 5.

T —m

—,m € R. Tim s6 phtic z ¢6 mo dun 16n nhat.
1 —m(m — 2i)

DANG 7. GIAI PHUONG TRINH BAC HAI - UNG DUNG VI-ET

Bai 1. Giai phuong trinh bac hai vé6i he s6 thuye.

A e

Giai phuong trinh : 822 — 42 + 1 = 0 trén tap sb phic.
Giai phuong trinh : 22 — 42 + 7 = 0 trén tap so phic.
Giai phuong trinh : 22 — 42 4+ 7 = 0 trén tap so phiic.
Giai phuong trinh : 322 — 2z + 1 trén tap sb6 phic.
Giai phuong trinh : 2y? — 5y + 4 = 0 trén tap s6 phic.
Giai phuong trinh : y? + 5y + 6 trén tap so phtec.



Bai 2. Goi 21, 2, 1a hai nghiém phtic cia phuong trinh 22+ 42 420 = 0. Tinh gia tri cac
bicu thiic.

1. A=l|zn]*+ |2
B 212 + z%
P

3 = E e '

(21 +22)2012

4. D = |z[* + |z|"
Bai tap ren luyén, nhu cdc cau héi bai trén vdi phuong trinh 22° — 4z + 11 = 0.

Bai 3. Goi 21, 2 la hai nghiém phiic ctia phuong trinh 22 — 14 iv/2) 2+ 2 — 3i = 0.
Khong giai phuong trinh hay tinh gia tri clia cac biéu thitc sau.

1. A=z 422

2. B =22+ 2123

3. C=2z}+ 23,

4. D = z}20 4 2175,

5. a2

E=—+4—.
Z9 21

1 2 1 2
6. F=z1|—+— )+ —+—].
Z9 21 21 Z9

Bai 4*. Cho sb phtic 2z 1a nghiém ctia phuong trinh 2% + 2z + 1 = 0. Rat gon biéu thic

1\? 1\? 1\? 1\?
Pz(z+—> +(22+—2) +<z3+7> +(z4+7>.
VA VA VA Z

Bai 5. Tinh can bac hai ctia cac s6 phtic : 24 + 70i ; —63 — 167 ; —56 — 90i va 72 + H4i.
Bai 6. Giai phuong trinh bac hai v6i hé s6 phtic.

1. 224+ 3(1+1)z—6—13i = 0.

2. 22 —8(1 —i)z +63 — 16i = 0.
Bai 7. Tim hai s6 phiic, biét téng ctia chiing bing —1 — 24 va tich clia chiing bing 1+ 7i.

Bai 8. Trén tap s6 phiic cho phuong trinh 2% +az +4 = 0. Tim a dé phuong trinh trén
c6 tong cac binh phuong clia hai nghieém bang —4i.

Bai 9. Tim a, b € R dé phuong trinh 22 4+ az +b = 0 ¢6 nhan s6 phiic z = 1 + i lam
nghiém.

Bai 10. Tim m € R dé phuong trinh 22242 (m — 1) 2+ 2m + 1 = 0 ¢6 hai nghiém phan
biét 21, 2o € C thdéa man |z1| + |2z2| = V10.



DANG 8. GIAI PHUONG TRINH
Bai 1. Phuong trinh quy vé phuong trinh bac hai. Tim z, biét

1. 224+72=0.
2. 224+ )z| = 0.
3. 2=z +%
241 143
-3 2+i
5. 2—(2+43i)z=1—9i.

1
6. |2| — 2= = +i.
|z| — 2 2—|—z

25
7. Z+—=8—0t.
z

8. z|z| =3z—1i=0.

9. 3—5“\/5—1:0.
zZ
, (1= V34i)
10. z“ = T
—1—iV/3)
Bai 2. Phuong trinh bac ba.Tim z, biét
1. 22 —-8=0.
9. 23 4927 = 0.
3.23-1=0
4. 23 —i=0.
5. 23 440 =0.

6. (”,Z i i)g — 1.
i—z
7.5 —2(1+44)224+3iz+1—-i=0.
8. 22 —2(1+41i)22 +4(1+1)z — 8 = 0, biét phuong trinh c¢6 mot nghiem thuan o.
9. 28— (5+14)2> +4(i— 1)z — 12+ 12¢ = 0, biét phuong trinh c¢6 mot nghiem thue.
10. Tim cac s6 thuc a, b, ¢ théa man 23+ (2—14)22 +2(1—1)z —2i = (z —ai)(2* +
bz + ¢). T do, hay giai phuong trinh 2% + (2 —i)22 +2(1 — i)z — 20 = 0.
Bai 3. Phuong trinh bac bén.Tim z, biét

1. 22 +16 = 0.
2. 24— 16 =0.

N\ 4
3, <Z+Z,> — 1.
Z—1

4. 24 — 234622 —82—16=0.
2

5. 24—23—1—%4—24—1:0.




6. Tim cdc s6 thuc a, bthéaman 2*—422—162—16 = (2% — 22 — 4) (22 + az + b).
Tu do6, hay gidi phuong trinh 2* — 422 — 162 — 16 = 0.
7. (22432 +6)° + 22 (22 + 32+ 6) — 322 = 0.
8. (22— 2)(2+3)(2 +2) = 10.
9. (z+ 1) +2(24+1°+ (z+4)>+1=0.
10. Goi 21, 29, 23, 24 12 b?n ngllliém ctia phuong trinh 24 — 223 +622 — 82 +8 = 0.

R 1
Tinh tonge — + — + — 4+ —.
I R S

DANG 9. GIAI HE PHUONG TRINH
Bai 1. Giai cac hé phuong trinh.

1 Zl+22:4+7,
|22 =5—2

2122:—5—5i
22422 =-5+2

21+ 29 =21

3.
22+ 22+ 42120 =0
1 Z%—22+1:0
|2 -5 +1=0
1
2
7+ 220 =3
21—22—2—22
6. ¢ 1 1 1 3

~

ot
—— —— —— —
N
2
no
|
|

2|

Z9 5

Bai 2. Giai cac hé phuong trinh.

e
z—w=1

5 z+w=4+ 3

Clz—iw=3-2i

5. Z—wW—zZWw =
224+ w?=-1

4 z+w=23(1+1)

A+ wd=9(-1+1)



Bai 3. Giai cac hé phuong trinh.

=1

L {'j:éz
e+l
[|2—12| 5

2 iy
Uz—8 =

Bai 4. Giai cac hé phuong trinh.

2|z —i| = |z —Z + 2i
|22 2' =4

B
{Fiiff“’f!_u
{

1.

Do

(1-2)z+(14+2i)z2=6

3.
1224+ 2i(z—2)+3=0

HET
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